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Abstract. We revisit the properties of Bessel-Riesz operators and present a different
proof of the boundedness of these operators on generalized Morrey spaces. We also obtain
an estimate for the norm of these operators on generalized Morrey spaces in terms of the
norm of their kernels on an associated Morrey space. As a consequence of our results,
we reprove the boundedness of fractional integral operators on generalized Morrey spaces,
especially of exponent 1, and obtain a new estimate for their norm.
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1. Introduction

Integral operators such as maximal operators and fractional integral operators have

been studied extensively in the last four decades. Here we are interested in Bessel-

Riesz operators, which are related to fractional integral operators. Let 0 < α < n

and γ > 0. The operator Iα,γ which maps every f ∈ Lploc(R
n), 1 6 p <∞, to

Iα,γf(x) :=

∫

Rn

Kα,γ(x− y)f(y) dy = Kα,γ ∗ f(x), x ∈ R
n,

where Kα,γ(x) := |x|α−n(1 + |x|)−γ , is called Bessel-Riesz operator, and the kernel

Kα,γ is called Bessel-Riesz kernel. The boundedness of these operators on Morrey

spaces and on generalized Morrey spaces was studied in [8] and [9].
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